function on X. If X possesses a non-constant meromorphic function, then each sublevel set X c = {xEX\ <P(x)<c} is projectively embeddable. Moreover if X contains no exceptional compact curves, then X is projectively embeddable if and only if X possesses a non-constant meromorphic function.
Up to the present, the known examples of weakly 1-complete surfaces without non-constant holomorphic functions contain no exceptional compact curves. But it is still unknown if there is a weakly 1-complete surface without non-constant meromorphic functions (see also [3] [6] [8] [12] ).
The author expresses his hearty thanks to Dr. A. Fujiki and Dr. T. Ohsawa for their interests to this result and valuable criticisms and suggestions in preparation of this paper and he also expresses his gratitude to Professor S. Nakano for his constant encouragements.
1. The following lemma was proved by Ohsawa (see [9] 1 and ceR or ii) f~1(p) n X c is compact for any peP 1 and ceR.
For a complex manifold Y, we denote by 0(7) the ring of holomorphic functinos on 7.
Proposition 2. Let X be a weakly l-complete surface and assume 0(X) = C. If there exists a non-constant meromorphic function f on X, then the fibres of f are non-compact.
Proof. Let I be the set of indeterminacy of/. If 1^0, by taking a finite number of iterated quadratic transformations with centres at points of I, we obtain a complex manifold 7 and a proper surjective holomorphic map h: Y-*X such that &(Y)^C and the map g = h*f: 7-+P 1 is holomorphic. Then 7 is a weakly 1-complete surface because, if we let $ be a C^-exhausting plurisubharmonic function on X, we can take a function h*$ as a C°°-exhausting plurisubharmonic function on 7. In this case, it sufficies to show that the fibres of g are non-compact. Hence we may assume that/: X-+P 1 is holomorphic. 
Proposition 4. Let X be a weakly 1-complete surface and assume ®(X) = C. Let f be a non-constant meromorphic function on X and let F be the line bundle on X determined by the pole divisor P(f) of f. Then, for any ceR, F is semi-positive on X c and positive outside a compact subset K c ofX c .
Proof. We may assume that the pole divisor P(f) of/contains no compact components. Take a real number c' with c'>c. 
Theorem 5. Le£ X be a weakly \-complete surface and assume @(X) = C. IfX possesses a non-constant meromorphic function/, then there exists a positive line bundle on each sublevel set X c and so X c is realized as a locally closed subspace of a complex projective space.
Proof. We have only to prove the former assertion since the latter one follows from [2] In case X contains no exceptional compact curves, we can prove the following theorem which has been suggested by T. Ohsawa. For a real number c, we take a point x 0 eX c . 
